Introduction Let T = {(t,8): 0 Z 8 £ t £ a) and let
where f is a bounded continuous function from T x W into E and q is a continuous function from LO,a] into W . We shall give sufficient conditions for the existence of a continuous solution of (1). These conditions are formulated in terms of measures of noncompactness (see [9] ). in particular, they hold in the case when f = fj + f% > where f-is completely continuous and /" satisfies a Kamke condition (see C 5] ). Moreover, we shall show that the set of all continuous solutions of (1) is a continuum in the corresponding space of continuous functions.
For the case when E is a Banach space, similar problems were investigated in several papers (see [JO] , B ], C7 / 3, [13]). Our considerations are based on the Lemma from Section 2 which gives a topological character-
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S t a n i s^a w S z u f l a namely t h e so-called Volterra operators introduced in [ 7 4 ] . Section 2 i s a complement t o the papers [72] and [3] (see also [74] ) , but our Lemma does not follow from these papers.
The basic lemma
Let K be a bounded convex subset of a normed space and let Y be 
n -*•<*> n -KB
Consequently, by condition 4, the sequence (v ) has a limit point V .
In view of (3) it is clear that V e £" , so that
On the other hand, (2) implies that w(v) = 1/2 , which yields a contradiction.
Volterra integral equations in locally convex spaces
Now we return to the equation (1). Let P be a family of continuous seminorms generating the topology of E . For any p e P and for any bounded subset X of E denote by 6 (X) the infimum of all e > 0 for which there exists a finite subset Z of E such that
X c. Z + B (e) 3 where B (c) = {x e E: p(x) <, e} . The family (6 (X))
is called the Hausdorff measure of noncompactness of X (for properties see [9] 
g(t,8,x) = f{t t 8,q(e) + v[x -q(s))) for (t,a) cT and x e E .

Prom the known properties of Minkowski's functional it follows that r is a continuous function from E into B and r(X) C U \X
for each subset X of E . Hence
&[{q(8) + r{x -q(s)) : a £ 10,(1] , x e. X}) s 6 (X)
for any p e P and for any bounded subset X of E . This shows that g is a bounded continuous function from T x E into E and g satisfies (4).
We introduce a mapping F defined by
F(x)(t) = q(t) + j g(t J 8,xf8j)ds for t e J and x e C , 0
where C = C(J } E) . it can be easily verified that F is a continuous mapping C -*• C , the set F(C) is bounded and equicontinuous, and (1) is equivalent to the equation x = F(x) . Now we shall show that F satisfies condition 4. Let (x ) be a sequence such that 
.} and V(t) = iu(t): u e V) . As the set F(C)
is equicontinuous, it follows from (5) that V is also equicontinuous. into n parts 0 = t < t-< «.. < t = t in such a way that bt. = t. -t. i = t/n for i, = 1,..., n.
Therefore for any p e P the function t •*• v(t) = B {V(t)) is
Let V. = iu(s) : u e V, t. , £ s S t.) . Then
F(V)(t) c q (t) + I At. conv g(t t l0,t] x V.) .
Moreover, for any i, 1 £ i <, n , there exists 8. £ [t. ,.,*.] such that
Hence, by (5), (4) and corresponding properties of ( 5 , we obtain
n " I At,ft Jt,V(8.)) . 
v(t) 4 j h (t,v(s))d8
for t e J .
"
As h is a Kamke function, this implies that 6 [V(t)) = 0 for all t e J .
Since this equality holds for every p e P , it follows that for any t e J the set V(t) is relatively compact in E . By Ascoli's theorem [6 ; Theorem 7.17 ] from this we deduce that V is relatively compact in C . Hence the sequence (x ) has a limit point. On the other hand, as Sp = F(Sp) , by repeating the above argument we infer that £" is compact.
Applying now the Lemma, we conclude that £" is nonempty and connected.
Kneser's theorem for weak solutions of the Cauchy problem
In this section we shall present another application of the Lemma. Proof. Put
F(x)(t) = X Q + j f{s,r(x(s)))ds (t e J, x e C) , 0 where C = C(J,E ) . w
It is known that F is a continuous mapping C -*• C , the set F(C)
is bounded and equiuniformly (strongly) continuous, and the function x e C is a weak solution of (6) lim (x -F(x )} = 0 = > (x ) has a limit point.
Therefore our theorems do not follow from the results of [3] and [72] . 
